In order to obtain from (2) a proof of Jackson's theorem for the interval [ -1/4, 1/4], it is sufficient to consider the modified polynomials Kn\f] defined by Kn[f]=f(0)+K n [f-~f(0)].
Using (2) and elementary properties of the modulus of continuity, we find that for »^3 IIZ.M -f\\ * 2^(1) + 16^(1)1 g 4 W/ (1). 2 . In order to simplify the proof of the theorem, we shall first prove the following result.
LEMMA. F(W« = 1,2, • • • we have fl^RnifidtSl/n 2 .
PROOF OF THE LEMMA. We have first ƒ t*R n (t)dt g ƒ (l -j*)-wvtf.(
(3) J t*R n (t)dt £ J (1 -t*)-UH*R n (l)dt.
Next, by Gauss quadrature formula based on the zeros of Tin, we have for any polynomial P of degree g 4w -1
. Since R n is an even polynomial of degree 4w-4, vanishing at all zeros of T 2n except at a n and -a n , it follows that (1 -<4) ƒ (1 -t*)-l <*t?R n (t)dt = a n j (1 -t*yi*E n (fydt.
Since f^Rniftdt = 1 and a" = sin(7r/4«), it follows that 
and so by the lemma (5) »l^f t 2 R n (t)dt^l/n 2 .
Next, Finally, for |*| g 1/4 (7) K n [l](x) â ƒ Rn(t)dt = 1 and (2) follows from (4), (5), (6) and (7) .
